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Chu dé goc tao béi tia tiép tuyén va day cung
Dang 1: G6c ndi tiép dwong tron. Chieng minh hai goc bang nhau
A. Phuong phap giai
Ta &p dung céc kién thtc sau:

1. Goc ndi tiép 1a goe co dinh nam trén dudng tron va hai canh chira hai day cung
cua duong tron do.

Cung nam bén trong goc goi la cung bi chan.

2. Trong mot dudng tron, sé do caa goc noi tiép bang mot niasé'de cha cung bi
chan.

3. Trong mét duong tron:
a) Cac goc noi tiép bang nhau chin cac cung bang nhau.

b) Céc g6c ndi tiép cling chian mot cung hoic chan cac cung bang nhau thi bing
nhau.

¢) G6c nai tiép (nho hon hoac bang) ¢6 sé do bangnira sé do cua goc ¢ thm cling
chan mot cung.

d) G6c nai tiép chin nira duong tron. 1a goc vudng.
B. Vi du minh hea

Vi du 1: Cho duongdron tdm Owa hai day cung song song AB, CD. Trén cung AB
lay diém M. Chang'minhang AMC = BMD .

Hudéng dan-giai
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Ta co: AMC 1a gdc ndi tiép chan AC
BMD 1a gbc noi tiép chan DB
Ta lai c6 AB//CD nén AC=BD.

Do d6: AMC = BMD ( hai géc noi tiép chan hai cung bang nhau).

Vi du 2: Cho duong tron (O) dudng kinh AB va hai diém E, F nam trén mét duong
tron. Cac duong thang AE, BF cat nhau tai P nam ngoai dudng tron,(O). AFVA
BE cit nhau tai Q. Chang minh PQ vudng goc véi AB.

Hudéng dan giai

p

Tacd AEB va AFB J& goc noitiép’than nia duong tron nén AEB = AFB =90°.
= AF | PB;BEal PA
Xét APAB ,ta¢0: AF | PB;BE 1 PA

Ma APQ BE= {0}
SuayraQ la truc'tdm APAB.
Tudosuyra PO L AB.

Vi du 3: Cho dudng tron (O; R) va mot diém M bén trong duong tron d6. Qua M
ké hai day cung AB va CD vudng goc véi nhau (C thugc cung nho AB). VE duong
kinh DE. Chang minh rang:

a) MA.MB = MC.MD.
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b) T gidc ABEC la hinh thang can.

¢) Tong MA? + MB? + MC? + MD? ¢6 gia tri khong d6i khi M thay doi vi tri trong
duong tron (O).

Hudéng dan giai

LN

D

a) Xét AAMC va ADMB co:

ACD = ABD ( hai gdc ni tiép cung ¢han cung ‘AD)
AMC = BMD =90° (GT)

— AAMC ~ ADMB (g.g)

= MA/MD = MC/MB»~~ MA.MB.= MC.MD.

b) Ta c6: DCE =90° (gée noi fiép chin nira dudng tron)
—=CD L CE

Ma CD L AB (gt)

= AB //[CE.

= Tu gidae ABEC la hinh thang (1).

M3t khac: CE va AB la hai day song song cua duong tron (O) chan hai cung AC va
BE nén

AC =BE

Talai c0: AE=AC+CE; BC=BE +CE
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= AE = BC = ABE = BAC .(hai géc néi tiép chan hai cung bang nhau) (2)
T (1) va (2) suy ra ti giac ABEC la hinh thang can.

¢) Vi AE = BC (chtng minh trén)

=AE=BC.

M3t khac: DAE =90° (g6c ndi tiép chan nia duong tron)

Xét ADAE vuobng tai A c6: AD? + AE? = DE? (dinh Iy Py — ta — g0)
Xét tong: MA? + MB? + MC? + MD?

= (MA%*+ MD?) + (MB? + MC?

= AD? + BC® = AD* + AE? = DE? = 4R? khong doi.

Vi du 4: Cho hai duong tron (O) va (O’) cit nhau tai Ava.B.NVEé cac duong kinh
AC, AD cua hai duong tron. Chtrng minh ba diém C, B, D thang hang.

Hudéng dan giai

Ta6; Trong dudng tron tdm O, ABC 1a gbc noi tiép chan nira dudng tron
= ABC =90°
Trong duong tron tim O°, ABD 1a goc ndi tiép chan nira duong tron

— ABD =90
— CBD =ABC+ABD =180
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Suy ra, ba diém C, B va D thang hang.
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Vi du 5: Cho nira dudng tron (O) duong kinh AB va C 1a diém chinh gitra caa
cung AB. Liy diém M thudc cung BC va diém N thuoc tia AM sao cho AN = BM.

Ké day CD song song véi AM.

a) Chirng minh AACN = ABCM .

b) Ching minh ACMN vudng can.

¢) Tu giac ANCD la hinh gi? Vi sa0?

Hudéng dan giai

c
D
M
|
A o B
a) Xét AACN va ABCM co:

AC =BC (vi C la diémeehinhigitra ‘cung AB)

CAN = CBN (hai,g6c ndiptiép cling chan cung CM )
AN = BM (gt)

= AACN =ABCM (€.g.c)

b) Vi AACN = ABCM (chttng minh a)

= CN =CM = ACMN can tai C (1)

— CMN = CNM (hai goc ¢ day)

Lai c6 CMA = %sdAC = %.90O =45°

= CMN =CNM =45°
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— MCN :1800—(CMN+CNM)= 180° - (45°+45°)=90° (2)

Tur (1) va (2) suy ra ACMN vuong can tai C.

c) Vi CD /I AM nén tir giac ADCM la hinh thang can.
Ta c6: DAM =CMN = CNM =45°

Suy ra: AD // CN.

Vay tir giac ADCN Ia hinh binh hanh.

C. Bai tap triac nghiém

Cau 1: Hinh nao dudi day biéu dién goc noi tiép?

=]

Hinh 1 Hinh 2

V
A
[
Hinh 4
Hinh 3
A. Hinh1 B. Hinh 2 C.Hinh 3

Huongidan giai

bap &n B

Hinh 1: G6c BOA la goc ¢ tam
Hinh 2: G6c BOA 1a gdc noi tiép

Hinh 3: C6 mot canh khéng la day cuaa duong tron

D. Hinh 4
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Hinh 4 : Goc da cho c6 dinh khéng nam trén dudng tron

Cau 2: Cho duong tron (O) va diém | nam ngoai (O). Tir diém | ké hai day cung
AB va CD (A nam giira | va B, C nam gitta | va D)

Tich IA.IB bang

A.ID.CD B.I1C.CB C.1C.CD
D.ID.IC

Hudéng dan giai
Dap an D

SN

D

Ta c6: ABC = ADC (hai gée.noi tiép cung chin AC)
Xét AIAD va AICB4ia co:

ABC = ADC (,ehung minhytrén)

I: goc chung

= AIAD\~ AIGB (g - Q)

= A =Q < IAIB=ID.IC.
IC IB

Vay IAIB=ID.IC.

Cau 3: Cho duong tron tim O. Trén dudng tron lay 4 diém theo tht ty A,B, C va
D. Héi cip goc nao sau day bang nhau
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A. AOC;ABC B. ACD;BOC

C. BDC;BAC D. ABC,ACD
Hudéng dan giai
Dap an C
Tacd BDC lagoc noi tiép chan BC
Va BAC la goc néi tiép chan BC

= BDC = BAC ( hai gdc ni tiép cing chan BC).

Cau 4: Khang dinh nao sau day 1a sai?

A. Trong mot duong tron, goc noi tiép chan nira duong tron 1a goc vudng

B. Trong mot dudng tron, hai goc ndi tiép bang nhau chan®hai cung bang nhau

C. Trong mot duong tron, hai goc noi tiéptlng chan mot cung thi bang nhau

D. Trong mét duong tron, hai goc noiftiép bang hhau thi ciing chan mot cung
Hudéng dan giai

Dap an D

Vi trong mot duong tron, hailgoc noi tiép bang nhau thi ¢d thé chan hai cung bing
nhau.

Cau 5: Cho hai,dwong trén bang nhau (O) va (O’) cat nhau tai A va B . V& duong
thang qua A eat dudng tron (O) tai M va cit dudng tron (O°) tai N (A nam giita M
va N). Hoiltam giac MNB la tam giac gi?

A. Tam giac can B. Tam giac déu C. Tam giac vubng D. Tam giac
vuéng can

Huéng dan‘giai

Dap an A
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+ (0) va (0) 14 hai duong tron bang nhau

AnB va An'B cung duoc cang boi day AB
= AnB=An'B (1)
+ (0) c6 BMA la gdc noi tiép chan cung A#B

s BMA = %sdAnB 2)

+(07) c6 BNA la gbc noi tiép chameung An'B
— BNA :%sdAn‘B 2

Tu (1); (2); va (8)suy ra ' BMA = BNA
= ABMNcan tai’'B.

Cau 6-Mot huan [uyén vién cho cau tha tap st bong vao cau mén PQ. Bong duoc
dat.o cac

vi tri A, ByC trén mot cung tron nhu hinh bén. Hay so sanh cac goc
PAQ,PBQ,PCQ.
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B C

P Q

A. PAQ < PBQ < PCQ. B. PAQ < PBQ = PCQ.

C. PAQ =PBQ < PCQ. D. PAQ = PBQ = PCQ.

Huwéng dan giai

béap an D

Ta c6 PAQ = PBQ = PCQ vi chiing l&Cac goc ngi tiép chan cuing mot cung PQ.

CAu 7: Cho hai duong tron (O; R) va'(©’; R”) tiép xuc trong véi nhau tai A, (R >
R'). Qua diém B bat ky trén (O*)wé. tiép ttyén véi (O’) cat (O) tai hai diém M va
N, AB cit (O) tai C. Céc phat bidu dingta:

(D MN L OC
(I1) AC la tia phan giac caa MAN
(I1) MN L AB

A. (D) va(Im BY (1) va (I11) C. (1) va (111 D. (1), (I1) va
(1)

Huongidan giai

Dap an C
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+ViAO'AB cantai O’ nén O'AB=0'BA

A OAC can tai O nén OAC =0CA

Suy ra OCA =0'BA, ma hai goc nay & vi tri dong vi, dexdo Q2B // OC.
Mt khac MN la tiép tuyén cua (O’) tai B

= O'B L MN. Do d6 OC L MN

+ Trong duong tron (O):

= OC la duong trung truc caa MN

= CM =CN
=CM=CN
= MAC = NAC

Hay AC latia phan giac cuia MAN .
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