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Chii dé: Géc c6 dinh & bén trong va bén ngoai dwong tron.
Dang 2: Chitng minh hai dwang thang vudng goc, chirng minh cac hé thic.
A. Phuong phap giai

+ Ta thuong st dung cac kién thirc vé s6 do cta goc c6 dinh bén trong va bén
ngoai duong tron, goc noi tiep, goc tao bai tiep tuyén va day cung dé chirng minh
cac géc bang nhau.

- Céc gdc ndi tiép, goc tao boi tia tiép tuyén va day cung clng chin mot cung
- Tinh s6 do goc cu thé

+ Chang minh hai duong thang vudng gdc bang céch:

- Chitng minh goc tao boi hai duong thang bang 90°

- Tir song song dén vudng goc

- Buong trung truc, duong cao,...

B. Vi du minh hea

Vi du 1: Cho tam gidc ABC noi tiép @uong tron tdm O. Goi P, Q, R lan luot 1a
giao diém cua cac tia phan giac trong géc A, B, C véi duong tron. Chang minh:
AP 1 QR

Huwéng dan:
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Ta cO: BAP =CAP (Vi AP latia phan giac cta goc BAC)
Ma BAP,CAP lan luot 14 cac gdc noi tiép chan cung BP va CP .
= BP =PC

Tuong tu AQ=CQ,AR =BR
Goi S 1a giao diém ctua AP va QR. Khi do:

ASQ 14 goc c6 dinh ndm trong duong tron chan cung AQ va RP.
— ASQ = %(sdAQ ; sdPR)

Vi sdAQ = %sdAC,sdPR =sdBP + sdBR = %sdBC + %sdAB

— ASQ = %(sdAQ ; sdPR)

:l lsa’AC+lsd’BC+lsd‘AB
202 2 2
:i(sdAC+sdBC+sdAB)
=£.360°:90°
4
= AP L QR
Vay AP 1L OR

Vidu 2: Cac didm Ay, Az As,.... A1, Ay duoc sap xép theo th ty d6 trén duong
tron (OYwa\chia duong tron thanh 20 cung bang nhau.Chiing minh rang day
AAg vubng goc vai day AzAqe

Huéng dan giai:
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Goi giao diém ctua AjAg Va AzAg 1a M.

Vi duong tron dugc chia thanh 20 cung bang rhau nén s6 6 cua mdi cung 1a :
360°:20=18°

Taco: sdAA, =2.18°=36° va sdAJA  =8.18° =144°

Vi AMA, 1a goc c6 dinh bén trongduong tron (O) nén:

sAAA, +sdAgh, "86°4144°
2

Suy ra AjAg LAAAG

AMA, = 90°

Vay day A{As vubng gac vai day AszAss.

Vi du 33, Quaidiém A nam bén ngoai duong tron (O) vé hai cat tuyén ABC va
AMN sao\cho harduong thang BN va CM cit nhau tai mot diém S nam bén tron
duong tron:

Chang minh A+ BSM =2CMN .

Hudéng dan giai
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GOc A 1a goc ¢ dinh ¢ bén ngoai duong tron (O) chan hai ¢ling N€ vaBM

= A= %(stC - deB)

G6c BSM 1a goc c¢6 dinh & bén trong duong trdh (O) chamshai’cung NC va BM

= BSM = %(SdNC + deB)

= A+ BSM :%(SdNC—SdMB)—F%(SdNC-i‘SdMB) =sdNC (1)

Tacd CMN la goc noi tiépiehan edng NC

— CMN = %stC @)

Tur (1) va (2) suy ra A+ BSM =2CMN .

Vi du 44 A, B, C 1aibd diém thudc duong tron (O) sao cho tiép tuyén tai A cit tia
BC.tai D\Tia phan-giac cua goc (BAC) cat dudng tron & M, tia phan giac cua goc
Dcat’AM & 1. Chung minh DI L AM.

Huéng dan giai:
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Taco BAM = CAM (AM la tia phan giac cia BAC)
= BM =CM
Goi N 1a giao diém cua BD va AM
; 1 . Lo
Taco: AND = E(SJAC + sd BM ) (g6c c6 dinh nam bén trong duong tron chan hai

cung AC,BM)

— AND :%(sdAC+stM) :%sdAM

Ta lai c6: DAM = %sdAM (g6C tao bai tia tiép tuyén va day cung chan cung AM)

= AND =DAM

Suy ra tam giacAND cén tai D

Tam gide, AND cén tai D co DI la tia phén giac nén DI ciing la duwong cao
Suy ra: DI L AM hay DI L AM

Vi du 5: Cho duong tron tam O va day cung AB. Vé duong kinh CD vuodng géc
véi AB (D thudc cung nho AB). Trén cung BC nho, lay diém N. Cac dudng thang
CN, DN cat AB lan luot tai E,F. Tiép tuyén tai N cua (O) cat AB tai I. Chitng minh

a) Tam giac IEN, IFN can

Hoc truyc tuyén: khoahoc.vietjack.com Youtube: Vietlack TV Official



VietJack.com Facebook: Hoc Cung VietJack

b) A]:AE+AF

Hudéng dan giai

a) Tacod: IND = %stD ( gdc tao boi tia tiép tuyén véi day cung chan cung ND)

IFN = %(sdBN ; sdAD) 4 %(sdBN ; sdDB) _ %sdDN (goc c6 dinh ndm & bén

trong duong tron)

= IND = IFN/= AIFN canrtai |
+ Gol H lagiao cua CD'va AB

Xeét.tam giac vuéng EHC, co: IEN + DCN =90°
Ta lai cO:"ENI + INE =90° (hai gbc phu nhau)

Ma DCN = FNI (gbc tao bai tia tiép tuyén va day cung va goc noi tiép cing chin
cung DN)

Suyra IEN = INE = AIEN can tai |.
b) Tu a ta co: IN=IF=IE
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AE+AF=AF+|E+IF+AF=AF+IF+IF+AF=2Al

C. Bai tap triac nghiém

Cau 1: Cho dudng tron tam O ban kinh R va day AB bat ky. Goi M 1a diém chinh
giita ctia cung nho AB. E va F 1a hai diém bét ky trén day AB. Goi C va tuong

g 13 giao diém cta ME, MF cua duong tron (O). Tinh tong EFD + ECB
A. 360° B. 180° C. 270° DR90°
Huéng dan giai:

Dap an B

M B
Ta co6 M la diém chinh gitra cung nho AB

= sd MA ='sd MB (1)

EFD= %(sdAD ; deB) _ %(SJAD ; deA)(g()c ¢6 dinh nim bén trong duong

tron chan hai cung MB va AD)

ECD :%deD (g6c ndi tiép chan cung MD)
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— EFD+ ECD = %(sdAD +deA)+%deD _ %(sdAD + sdMA +deD) _ %.3600 —180°

Cau 2: Trén dudng tron (O; R) dit lién tiép cac day cung: AB =BC = CD <R. AB
cat CD tai E. Tiép tuyén tai B va D véi duong tron (O) cét nhau tai F. Biéu thic
nao dudi day dung:

A. LB _BC B. EB.BC=FB.BD
FB BD

C. EB _BC D. EB.BD=FD.BC
FD BD

Huéng dan giai
Dap an A

Taco: AED = %(sdAD — sdBC) (g6c ¢6 dinh ndm bén ngoai duong tron chan hai
cung AD ya BC)(1)

BED = %(sdBAD - sdBCD) (goc co6 dinh nam ngoai dudng tron chan cung AD )

Ma AB=CB=CD= AB=BC=CD
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= BFD = %(sdBAD —sdBC — stD)

_ %(sdBAD _sdAB - sdBc)

- %(sdAD _ sdBC)(Z)

Tir (1) va (2) = AED = BFD
Ta c6: CBD la gdc ndi tiép chan cung CD
FBC,ABx la gbc tao bai tia tiép tuyén va day cung lan luot/chan cacicung
BC,AB.
Ma AB=BC =CD
= CBD = FBC = ABx
Ma ABx = EBF (hai goc dbi dinh)
= CBD = FBC = EBF

= EBC =FBD
Xét AEBC va AFBDta co:

AED = BFD

EBC = FBD
— AEBC ~ AFBD(g4 g)
EB_ BC
= ——Sp—
FB BD
Cau 3: Cho nua dudng tron tdm O dudng kinh AB, C 13 diém tuy ¥ trén nira

duong tron.Tiép tuyén cua (O) tai A cat tia BC tai D.Tia phéan giac ctia goc BAC
cat day BC tai M va cung BC tai N. ADAM la tam giéc gi?

A.Tam giac vudng

B.Tam giac vudng can
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C.Tam giac can
D.Tam giac déu
Hudéng dan giai

Dap an C

@
A (o) B

Vi AM la phan giac cia BAC
= CAN = BAN = CN = BN

Tac6: AMC = %(sdAC i stB) - %(sdAC i stN) - %sdAN ( goc c6 dinh nim
trong dudng tron chaneung AC, BN)

Ta lai c6: DAM =%sdAN ( gdc tao boi tia tiép tuyén va day cung chan cung AN)

— DAM £DMAS AADM can tai D.

Cau 4: Trén dwong tron (O) lay ba cung lién tiép AB=BC=CD sao cho s6 do clia
chiing,déu\bang45° .Goi I 14 giao diém cua hai tia AB va DC, H 1 giao diém cia
hai didy A€a BD. Khang dinh nao sau day dang?

A.AIBC la tam giac vuong
B.AIBC la tam giac can
C. AIBC la tam giac vudng can

D. A,B,C déu ding
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Huoéng dan giai

Dap an C

g
.

A

Ta c6 AB=BC=CD

— AB=BC=CD= AC =BD
ADC 14 gdc noi tiép chin AC
BAD la goc ndi tiép chan BD.

= ADC = BAD (Hai g6e.noi tiép cung chan hai cung bang nhau)
= AIAD candai | = IA=1ID

Ma AB=CD

= [B=IC = NIBC can tai |

Ta lai c6 BIC = %(sdAD - sdBC) ( gbc c6 dinh nam ngoai duong tron chan cung
AD, BC)

Mat khac sd AD =360°—sd ABCD =360°—-3sdBC (vi AB=BC =CD)

— BIC = %(sdAD —sdBC) = %(360" —4sdBC) = %(360" —4.450) =9(°
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= AIBC vu0ng can.

Cau 5: Cho tam giac déu ABC ndi tiép trog dudng tron tim O; M 1a mot diém trén

cung nho AC (M khéc A va C) sao cho CAM = 30°.G6c giira hai dudng thang AC
va BM la:

A.45
B.60
C.65
D.90

Huéng din giai

Dap an D

= sdMC =2CAM =2.30°=60°
Ta lai c6: AABC déu

= ACB =60°
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= sdAB=2ACB =2.60°=120° ( gdc noi tiép chin cung AB)

— CHM = %(stM + sdAB) - %(60° + 1200) —90°,

Y.,
N
&
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